4                                         LECTURE I.
However great the achievement of Clebsch's in making the work of Riemann more easy of access to his contemporaries, it is my opinion that at the present time the book of Clebsch is no longer to be considered as the standard work
!                         for an introduction to the study of Abelian functions.    The
chief objections to Clebsch's presentation are twofold: they can be briefly characterized as a lack of mathematical rigour
'                        on the one hand, and a loss of intuitiveness, of geometrical
,                         perspicuity, on the other.    A few examples will explain my
\                         meaning.
(a) Clebsch bases his whole investigation on the consideration of what he takes to be the most general type of an
„;                         algebraic curve, and this general curve he assumes as having
only double points, but no other singularities.    To obtain a
sure foundation for the theory, it must be proved that any
;                             algebraic  curve can  be transformed rationally into a curve
\                        having only  double points.     This  proof was not   given by
>!fy
:   5                          Clebsch; it has since been supplied by his pupils and follow-
1    !                        ers, but the demonstration is long and involved.     See the
'? '' j7
; %                         PaPers by Brill and  Nother in the Math.  Annalen,  Vol.   7
f I                         (1874),* and by Nother, ib., Vol. 23 (1884)-!
•$ '*'*                            Another defect of the same kind occurs in connection with
II*t                         the determinant of the periods of the Abelian integrals.    This
v/*»       '
y/;;                         determinant  never vanishes as long as the curve is irredu-
|vv                         cible.    But Clebsch and Gordan neglect to prove this; and
\  |                         however simple the proof may be, this must be regarded as
</4> I                              an inexactness.
!  t                            The apparent lack of critical spirit which we find in the work
j  ?/                         of Clebsch is characteristic of the geometrical epoch in which
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